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Coliiste na hOllscoile Corcaigh

BSc (Mathematics/Statistics) 1968
MSc (Mathematics/Statistics) 1969

Secondary School, 1960-1965

St. Brendan' s College, Killarney, Co. Kerry
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Commencer par la QUESTION,
pas par la méthode
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» Exercices développés localement (au fil des années)

» Rapports complets d’études réelles (historiques et récentes)
+ Jeux de données associés

* Notes de cours (rédigées, pas seulement des diapositives)

* Articles pédagogiques (étudiants/collaborateurs + moi)

+ Démonstrations en ligne de concepts (animations, vidéo)



— GRANDE COLLECTION EN LIGNE DE ...
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» Rapports complets d’études réelles (historiques et récentes)
+ Jeux de données associés

* Notes de cours (rédigées, pas seulement des diapositives)

Articles pédagogiques (étudiants/collaborateurs + moi)

+ Démonstrations en ligne de concepts (animations, vidéo)
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Cowrse BIOS601: Warmup ASSIGNMENT on Sampling and its Ervor - asd Various Other Concepite. [underline = link|

How Deep is the Ocean?
{A song - soe Wikipedia - and an article - soo Significance Dec, 2014}

1 What percentage of the world's surface is
covered by water?

The data provided by the Scripps Institution of Ok iy | itale via
mrupe A Jhaadey Blestat acgill . cnfbseesd)/ Burveps Dennnagraphy/ CATI Provide an answer,
but some wark is required on your part.

i I provious years, studests drew a shnplo randos sample of 200 locations
o the Earth's surface,” and obtained from the SREM30 PLUS dotalsse
the land elovntion or ocean depth at each of these, This year, to save
somee time?, both the drawing of the sumple, ssd the 200 databes
lookups havo alresdy beon dome for you - thero are soveral | eov fils
(62 if JH has cousited cormectly) from previous years at the bottom of
the 'Ocennography Duta’ webpage. To nvoid picking the same datafile
a8 another studont, use yous birthday yyyymedd as the oight digit angu-
ment in the set . ased{} function in K, and sample | frem the numberns
1 1o 62 using the sanple(1:62,1) call. From the ‘readings’ in your se-
lected file, caleulate a point estimate of the percentage.” Also caloubate
u (probabilistic) margin of ervor (ME): do this by caleulating  standard

Un ensemble d’exercices utilisés dans un Cours iossotnw_sampling2023.pdf |

Fall 228 v, July ;1

Bl If you are — amd even if you are not - fisd an osline caleulator)/table that
yields an ‘exmct” confidence interval. Compare the “exact’ interval with
the ‘approximate’ ono above,

. Using what you are able to find cnline or from your textbooks, sxplain to
a relative who s an engineer how exactly this “cxact” confidomce interval
is caloulated and how the principles behind it differ from those behind
the usual cne. [We will come back to this in o later class].

v. The root mean squared error inchudes both sumpling varintion and nen-
sampling ervom. Your margin of error is limited to the sampling variation,
and is modualated by the cholc of 'n.' It doms not inchede non-sampiing
errors,! Describe ose possible source of pon-sampling error in this par-
ticular costext of ocean depths.

Also, describe an unrelated example you would use to describe non-
sampling errors to a b 1. [istermet searching is encournged, bit
plense cite the sousee if you found lhl.n example online, or in & textbook|

2 What is the average depth of the ocean?

Froan the relovant observations (from among your MI estimate the mean
ocean depth, and caleulate an accompanying ME. * Even though there is o
random comsponent 1o it, pretend that the sample size was prodetormi

. Ame you worrbd about the appropristeness of using 1.96 (and the Normal
distribution) for 05% confidence” Why,'why mot?

3 Ensuring that a sample of n' locations will
yield n = 200 [or more] usable ones

error, amd maltiplyiog i by sy 196 = that you can make s probabilisti
statement. [Again, we o serible no, of decimal places]

i Are you worried nbout the appropristencss of using 196 (and the Normal
distribution] for the 95% confidence interval? Why,/why not?

& Nodan's Tenching Suatistios: A Bag of Tricks (am chock st il
usting way of aumpling, amd other wsdul remarks on this ..-d
Today, one coshd stmply o0m all the wey 048 in c;«..l.. Miagm, and spin?
o are wtill 5 got your cam “frem scr

i mot. shho off lhowr many decimale you mm.-.hn.» B your parests asked you
whs perosntage ¥ou got, how may digits would you give them? Same applies 10 other Os!

- How big must " be in order to have & good chance (say 805%) that it will
yield st bt 200 usable ones (L. ocean locatbons)?

i Wlm if you smpled sequentially umil, st the n'-th draw, you reached
200:1Th sl one? “’M distributhon describs the random wriable

ik A & ° ir-amling efTor ks oo Chal B 6ol
bigger m; indosd, i there Is some ‘systemstic arror b the
a.u-,. “will jaut mmake the answer more wrang!

i g oy make s 0 reducs yous ' mecordingty. Some students In peerious years
oontimucd o use an m of 2001

iliind vy vkisgl bigter and
1, tuking an evm




Un ensemble d’exercices utilisés dans un cours iviossotnw samping2023.pat|

Course BIOSH01: Wasiup ASSIGNMENT oi Sampling and its Error - and Variois Other Concepla. Jundetline = link]

Fall 2023 v. July 31

T mmuuemlmhandmlhpemlﬂee{p\mmd;whwlhe
value of the that

4 More efficient (or more practical) sampling
strategies

{ Viery bricfy) describe the circumstanced”|in which & sampling scheme other
tham s.1.5 (systematie, stratified, chister) whd affor either practical or statis-
tical efficiency sdr ‘mention alsa th i f these schemes [text-
book and internet searching encouraged - if you scknowledge the souseel],

5 Oh Oh

{a) Owe way to obtain random (A=longitude, $=latitucde] locations is as A ~
Uf-=,=), and & ~ palf () = (1/2) cosl} on (~= /2, =/32).

Figure 4B (p. 10) wns considered too technical for the Significance articlo,
It s incladed on p.10 below to help explaln how one could ssmple the &5,
Think of a longitudinal-based section of a (pu-ea:lly sphericall] orange, and
of how wide it is at ‘latitude’ ¢ compared with bow wide it is at ‘latitude’
0O fon the equator]. I ks the samo as the selationshlp between the west-east
distance between two locations at the same batitede (mg. & = 45.5N), bat
say | degree longitude apart, and the (approx. 100km) west-east distance
between two locations on the cquator, also | dogree longitude spart, I we
take the distance at the equator to be 1, the the distance at “lntitude’ ¢ is
coa(@). Thas, in any chosen longitade-based section the number of
bocatlons at latitude @ should be cos(d) times the mumber sampled at the
exqubor,

- Ue your datasot of 200 ta check that the random locations produced by this
method [ivplemented in the R code used to crente the personnlized datosets
for question 1(3)] appear to be snsible.

[@uestion 14, The Locations of the Stars, fakes up the question of randomuess,
Jrom a different vieepoint!]

T s vnset” - pe and g fanetions for (s disuitetion, bat - glves Uk sumbes
Invobvied — the caleulations can sl be rasonably appmcimated | pou ke just it man

and vriance.
"The Cross-Casads Sarvey of Radon Concestrations in Momss |Ressurces] might heip.

1) A rescarcher spent the entire reseanch biadget on a sample of 200 locations,
using A ~ U{—=, =), but ¢ ~ Ul{-=/2,7/2).
-Luplnnwivlhhmyhngmemhwd. have & few
words on this]. Are the reulting data worthless? Or, do you think we coald
recover something from them?

- Using the information in (a), suggest a way to correct far the researcher’s
eversampling of locations further from the equator,

) Search anline (or in your texthooks) for ways to draw random samples from
& non-uniform contimous distribution, List ones that are easy Lo implement
when only the (i) pf, (i) CDF has o closed form.

{d) The rationabe behind the ‘inverse CDF* method is often missed - and
not ensily recalled yenrs Eater — if students go through the ‘proof” as a mere
“math-star’ or caleulus exercise.

Figure 48 (p.10) lrﬂ w0 explain the ‘inverse CDF” method in pictures rather
than via caleulias®]

Pages 11-12 are notes from 2010, with yet another plot of wesf-east Bnes laid
enad to end - anothor attempt to ‘explain’ it in this same ‘sampling Latitodes”

comtext.

The sttempt on page 13 wes an unnamed contimous random varisble, buat
starts with a simple discrete version that might make the methods mare in-
tuitive,

» Now the test of whether any of these three attempts succeeded: in. your
own words, explain to that same relative of yours how exactly the imverse
CDOF methods works. 17 you don't like the examples fexplanations JH has
provided, foed froe to mulee up your own ¥

*Thim article s F——— g — _ar originally
b-da.a....m....d..n.q. -d.d_npmn(m.mﬁndmmm.a_m
7 bl ) s and too technical

by
any st it  there ey tore/Sewre pople betwrm the 85h und S6Lh percrntile than
herw are butwaen the 5th and Bth, or 05tk and D61RT This Lascher was alsa quit fasy
about words, and abeut using fhe woer ‘percentiie’ correctly; so he would probably have
Rakan exveption to JI's sying percentiles are numbed 1-100
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Question 1 : Quel % de la surface de la Terre est recouvert d’eau?

i. In previous years, students drew a simple random sample of 200 locations
on the Earth’s surface,! and obtained &ormm 933 million locations
the land elevation or ocean depth at each of these. This year, to save
some time?, both the drawing of the sample, and the 200 database
lookups have already been done for you — there are several .csv files
(62 if JH has counted correctly) from previous years at the bottom of
the ‘Oceanography Data’ webpage. avoid picking the same datafile
as another student, use your birthday yyyymmdd as the eight digit argu-
ment in the set.seed() function in R, and sample 1 from the numbers
1 to 62 using the sample(1:62,1) call. From the ‘readings’ in your se-

lected file, calculate a point estimate of the percentage.® Also calculate
a (prombilmm: do this by caleulating a standard
error, and multiplying it by say 1.96 so that you can make a probabilistic
statement. [Again, use a sensible no. of decimal places|

ii. Are you worried about the appropriateness of using 1.96 (and the Normal
distribution) for the 95% confidence interval? Why/why not?

1Ch 9 in Gelman & Nolan's Teaching Statistics: A Bag of Tricks (an ebook at McGill
Library) has an interesting way of sampling, and other useful remarks on this problem.
Today, one could simply zoom all the way out in Google Maps, and spin!

*You are still welcome to get your own ‘from scratch,’

3Do not show off how many decimals you (R) can calculate. If your parents asked you
what percentage you got, how many digits would you give them? Same applies to other Qs!
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PARTIR DE LA FACON DONT LES
ENSEIGNANTS EFFECTUENT LEURS
RECHERCHES

* Les enseignants travaillent par besoin :

— Concept (quelle notion statistique?)
— Niveau (pour quels étudiants?)
— Type (comment I'utiliser?)
— Contexte (de quoi s’agit-il?)
— Accroche (qu’est-ce qui capte I'attention?)
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UN EXEMPLE — PLUSIEURS POINTS
D’ENTREE

Concept: échantillonnage, variabilité, estimation

Niveau: introductif / intermédiaire

Type: discussion en classe, devoirs

Contexte: couverture des océans, données
massives

Accroche: ordre de grandeur surprenant, données
réelles
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VERS UN CATALOGUE CONVIVIAL :
UNE STRUCTURE SIMPLE

Concept
Niveau
Type
Contexte
» Accroche

Chaque facette a un petit vocabulaire contrélé

» Ce n’est pas parfait
» Ce n’est pas exhaustif
* Mais c’est cohérent



DE LA RECHERCHE A LUTILISATION

Recherche — Parcourir — Décider — Utiliser
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Catégories de CONTEXTE proposées

© N O~

Santé / médecine
Biologie

Environnement

Education

Démographie / population
Technologie / ingénierie
Social

Mathématiques
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Catégories de TYPE proposées

N o Ok~

Question/discussion en classe
Exercice

Projet / tache prolongée
Exploration de données
lllustration de concept
Evaluation (quiz/examen)
Etude de cas



Catégories de NIVEAU proposées



Catégories de NIVEAU proposées

1. Introductif
2. Intermédiaire
3. Avancé
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Catégories d’ACCROCHE proposées

» Résultat surprenant

* Résultat contre-intuitif

» Cas historique réel

* Données massives

« Pertinence politique

 Récit humain

» Défi de mesure

+ Dispositif / démo / application intéressante
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Catégories de CONCEPT -vasc de départ

Données et mesures
— types de variables | erreur de mesure | conséquences
Statistiques descriptives

— quantiles | emplacements | diffusion | forme | mauvaises
interprétations

Plan d’étude et échantillonnage

— expérimental ou par observation | méthodes d’enquéte
Probabilité et distributions

— calculs | modeles | discret | continu
Inférence statistique

— estimation | intervalles de confiance | tests d’hypothése
Modélisation et relations

— corrélation | régression | hypothses

L]
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CE QUE LE SYSTEME ESSAIE DE FAIRE

* Non pas : trouver le meilleur élément
* Mais : réduire le choix a un petit ensemble exploitable

Objectif: de 5 a 10 éléments pertinents

Pour que :

* leurs descriptions puissent étre parcourues
rapidement

* I'enseignant puisse faire un choix final
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RECHERCHE
Concept o Level o Type
Data & Measurement & Introductory Short discussion/prompt
Descriptive Statistics Intermediate Exercise
Study Design & Sampling Advanced J Project/ extended task
Probability & Distributions Data exploration
Statistical Inference Conceptillustration
Modeling & Relationships | Assessment item (quiz/exam)
Case study
Hook @
Health / Medicine Surprising result
Biology Counterintuitive finding
Environment Real historical case
Education Big data
Demography / Population Policy relevance
Technology / Engineering Human story
Social Measurement challenge

Mathematical Neat device/app/demo/story
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* What percentage of the Earth’s surface is covered by water?
» What is the average depth of the ocean?

* What happened to this person’s physical activity over the years
2010-20217

* How does the fuel economy of the newer family van compare
with its predecessor?

* When will the ice break up this year? How close were the 0.25M
bets?

+ Do children provided with milk at school grow more?

» Does the switch to/from daylight savings time affect rates of
motor vehicle accidents?

* Mystery Canadian Data: what was going on?

* How to determine the efficacy of the first iteration of the Salk
polio vaccine?



CELUI-ClI SEMBLE PROMETTEUR...

* What percentage of the Earth’s surface is covered by water?
» What is the average depth of the ocean? :‘ﬁt

* What happened to this person’s physical activity over the years
2010-20217

* How does the fuel economy of the newer family van compare
with its predecessor?

* When will the ice break up this year? How close were the 0.25M
bets?

+ Do children provided with milk at school grow more?

» Does the switch to/from daylight savings time affect rates of
motor vehicle accidents?

* Mystery Canadian Data: what was going on?

* How to determine the efficacy of the first iteration of the Salk
polio vaccine?
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Concepts:
Niveau:
Type:
Contexte:
Accroche:

Matériel:
Math / stats avancées

Durée:

Accroche spécifique:

What is the average depth of the ocean?

Environment
Big data

Background articles | exercise | samples | teacher notes | code
No

15-30 minutes

19! century scientist & model; 215t century validation(N = 9.3 x 108)



DETAIL D’'UNE FICHE DU CATALOGUE

Titre:

Concepts:
Niveau:
Type:
Contexte:
Accroche:

Matériel:
Math / stats avancées

Durée:

Accroche spécifique:

What is the average depth of the ocean?

Environment
Big data

Background articles | exercise | samples | teacher notes | code
No

15-30 minutes

19! century scientist & model; 215t century validation(N = 9.3 x 108)

Révélation progressive: parcourir — cliquer — adapter — utiliser






MESURE

Course BIOS601: The Quality of Measurements and the Effects of Measurement Error,
Fall 2023, v. 09.06

SWaLL
LAR
P

Being approximately
correct and being
precisely wrong

PREFACE

Few general statistics textbooks' deal with the topic of measurement error.
However, it an important topic. Measurement error is present in all scientific
work; while it can sometimes be lessened with careful planning and extra
effort, it cannot be completely avoided. It some contexts it just adds noise and
makes signals harder to detect. But in others, its effects are both more subtle
and more serious: it systematically shifts the parameter estimates produced
by models.

Its effects become more complicated and unpredictable in larger statistical
models with two or more measured-with-error variables. We will restrict at-
tention here to simple comparative situations involving one X and one Y. We
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Coarse BIOSE01: The Quality of Messurements and the Effects of Messurament Error,

EXERCISES

1. Refor o the descriptions of the SMOG index, the Fry methed, the Flesch
Reading Ense, asdl the Flesch-Kineald Grade Level, for measuring read-
abitity (usder Risourees for Messurement /Sarveys) 1] [Also, see Q29]
For the artcde or text you have chosen (as per discussion in class), ran-
domly seloct thron separate 100 word passages, and use this set of theee
pussages to measare the readability (F)) using the Fry graph. Rather
than do so manually, you can use the SMOG ealeulstor to determmine the
average number of sestences and syllables per bundred words, Repeat
the resdability messurement (Fy) with o second different set of three
passages, Hepeat oncn mare (F), using a thind st
Valayg tsemes snsmoe thees sets, calculat the SMOG index, the Flosch Rosd-
ing Ease, nnd the Flesch-Kinenid Grade Level
For enach inde, wse the 3 estimates to calculste the standard error of
mensuremsent, and the coefficient of variation. Comment.

2. Propose o method to assess the validity of a readability index.

m-s, Derive the link between the standard error of mosstrement and
s correlation) reliability coefficient [last line, column 1, pl6

“Math-Stat"
n section 3 (p. 23 of notes) of Relationship between test.-

is Galton (16221311} found that the correlation betwoen {self.
reporied) parental and (adult) offspring heights was strosgest for the
ome betwoen father and son [0.396 £ 0.024], asd woskest for the one be-
tween mother and daughter [0,3%4 £ 0.028], Given the way he obtained
the measurements, can you lmagine why this was? 11 [Tt was 0,020,027
fumhkmnmgmh-mua;mr]

10 ol heac | oo lh-ln
vereuting toal; I's mot clor f ‘male 8' commerrially, oe was bowgnt by another

A far n-wmuh.-m-uwmuudnmm
,—.nl,,h-umm,-n,_u amwwer with Kiarl Praron's explanation:  =Why Gal-
Lo gut defievest parvat-ofivpriag comsiations in belghts® Byipa ./ Fhuley. bioeat oghil.cal
bioatL arepn/pearsonl Bival SackEApIT- 10,548 abd alis kisk al “whiy he (KF) ot larger

%

above,] Hint: % simply o matter of using the definition of

Fall 20123, w. 09,06

7. Bridging the physical- and the payeho-metric: The sotes on “Tn-

ernasing Roliability by sveraging several measuroments” on the right hand
column of page 13 of JH's notes on Quantifying Reliability give the for-
mula for the so-called “Stepped-Up Reliability”. Tn psychometrics (where
the number of items on o test serves as the “several messurements” )
lhhhu"‘?nhmulhrlm&b(lh “Spearman-Brown prediction for-
onnila”
[ms] Tvert the formubs on p.13 to derive the one on the right hand
Tamn of p.10 for the Spearmas-Hrown prediction formala relating the
reliability of two versicns of & test, one with N times more iems than, the
other.

#. You are trying ta estimate, from imperfect observations of F and ©,
the values of the two coefficients By and By in the temperatiro selation
FeB4DxC.
wmamqummuﬂuuwmm& 32 and

=0/6= 18, and Ivestigate tho bohaviour
of the 1000 estirinLs, nﬂbhdngndm Tn each simuslation, use
samples of sie n = 4, with temperatures of C = 14, 16, 18 and 0.

[a]Cl—.ulepu'mthme:~Gmh-ﬂc.,-
1) errors that of F. Check - formally, using & test
(um]hdmmmﬂ:hlmm fior evidence of
Wiins i By, Also check whether the ieal variance of b ngrees
with that given by the theoretical formuls, namely

Var(h) = i,/ 3 (= - 2%

b)) F msasured prfectly, C measused with oo ~ Causan(i = 0,8,, =
1) exvors that are independent of © |Classical type error: someons
else chose situntions when © was indoed exactly 14, 16, ete, bat
dlidn’t tell you what © was, and instead asked you 1o independently
wecord  using your own imperfect instrument, and to use geur
recardings of £ in your estimation of the equation|. Again, formally

test for evidencs of bias in by,
iastat.negill  pie s
m_mm(meq eyl it
Mmmmuumsmam prodiction formula’.
er.-wdmuu_. won *Compater code 1o smulate datassts with mesurm"
o i1k Rnrt wt Uhe bottonm of the

Mmhwm It ghves some ‘starter” computes code, which
you eain fsdify to sut
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ancis Galton (1822-1911) found that the gorrelation between (self-
Te

ported) parental and (adult) offspring heights was strongest for the
one between father and son [0.396 & 0.024], and weakest for the one be-
tween mother and daughter [0.284 + 0.028]. Give_r_l__tﬁe way he obtained

the measurements, can you imagine why this was? [l_l [It was 0.30240.027
for mother & son; 0.360 = 0.026 for father & daughter.|

11 After you have thought about it for a while, and looked carefully at Galton’s Notebook,
you might wish to compare your answer with Karl Pearson’s explanation: “Why Gal-
ton got different parent-offspring correlations in heights” https://jhanley.biostat.mcgill.ca/
bios601/Surveys/pearson1930vol3achi4piT-18.pdf and also look at “why he (KP) got larger
ones” https://jhanley.biostat.mcgill.ca/bios601/Surveys/PearsonBkal302pp377-378.pdf using
this protocol (p358-) https://jhanley.bicstat.mcgill.ca/bios601/Surveys/PearsonLeel1903.pdf
in the ‘Measurement — Lecture Notes, etc’ section of the biosG01 resources page for Measurement.

12Wikipedia has an entry called ‘Spearman Brown prediction formula’.

131f new to simulations, see “Computer code to simulate datasets with measurement
error” https://jhanley.biostat.megill.ca/bios601/Surveys/FandC.R.txt at the bottom of the
Resources webpage for measurement /surveys. It gives some ‘starter’ computer code, which

you can modify to suit.
Fils Fille

Pere 0.396 + 0.024 0.360 + 0.026
0.10
Mére 0.302 + 0.027 0.284 + 0.028




FICHE DE CATALOGUE

Title:

Concept:
Level:
Type:
Context:
Hook:

Materials:
Calculus/Math-stat
Length:

Specific hook:

Height: why is father-son correlation larger than mother-daughter?

Data & Measurement; Modeling & Relationships
Introductory; Intermediate

Short discussion/prompt; Concept illustration; Exercise
Biology

Surprising result; Measurement challenge

Background articles | data | exercise | teacher notes | code
Depends
15-30 minutes

Attentuation: caused by self-reported rather than measured heights
Article: teaching multiple regression with family data
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Exemple 3 - une nouvelle tournure d'un classique intemporel

anz

Material for Academic 1/2 day:
Statistics in the Medical Literature and in Medical Practice
October 18, 2012

'‘Averages’

rofassional baseball playvars 1994
a” height of basketball team
« Mumber of authors on medical articles (Flatcher NEIM 187%)

Year Wo. articles No. au's No. Subjects
Median

examined mean SD
1946 151 2.0 1.4 25
1956 149 2.3 1.8 36
1966 157 2.8 1.2 16
1976 155 4.9 7.3 30 bodin WP G O AWt Pl Sy
A new sex survey of American men (1993) 1 kil ¥ '
[he Myth, the Math, the Sex - NY Times P-Values and Statistical ‘Tests'

CRCEE Y

Visualizing th “P-Value®
Eig 1 [colour]; java applet
There are Probabilities and Probabilities: Def" A probability concerning the observed data, calculated
+ Different Probabilities under a Null Hypothesils assumption, L.e., assuming that
the only facior operating is sampling or measurement
The Place of Statistical Methods in Radiclogy: & the Bigger Picture (int. Med!) variation.
« ariche Use To assess the evidence provided by the sample data in
relation to a pre-specified claim or *hypothesis’ conceming
‘P-values’ some parameter(s) or data-generating process.
|- Vit the PValue 15 and IS NOT/ ] =" Basis As with a confidence interval, it makes use of the concept
of a distribution.

« L-Phenylalanine Mustard (L-PAM) in Managemant of Primary Breast Cancar
(Fisher's Exact Test)




Example 3 - a new twist on an old classic

Introduction Individual Patient {Im)precision Cl's P-Values etc. Applications Summary

Example 1 —from Design of Experiments, by R.A. Fisher

Lady claims she can tall which was poured first...

' =
— MILK = . '

!7 !’ > e _'_-7_-
= 4 0 4
Lady Says G- 4 |4
4 4

“Null Hypothesis" (Hyy): she can not tell them apart.

Blind test is equivalent to being asked to say which 4 of the following 8 Gaelic words
are the correctly spelled ones. You are told that 4 are correctly spelled & 4 are not.

1 2 3 4 5 6 7 8
madra olscoil cathiar tanga doras cluicha féar bothar

“Alternative” Hypothesis (Hzy): she can (can you think of another *H" ?).
46/61




Individual Patient m)precision Cl's P-Values etc. Apy

Example 3 anew twist on an old classm

Iritroe

The evidence provided by the test

* Rank possible test results by degree of evidence against Hpur.

e “P-value” is the probability, calculated under null hypothesis, of
observing a result as extreme as, or more extreme than, the one that
was obtained/observed.

Prababity of

) each Possible Result, 36/70
IF JUST GUESSING
e, under Null H)
1870 16470
Otisarved Fosult

1170 1170

0l4] 13 [2]z] [3]1 [4]0] Poasible

4|0 a3l AR 13 04 Resalts

In this e.g., observed result is the most extreme, so
Puawe = Prob[correctly identifying all 4, IF merely guessing] = 1/70 = 0.014.

» |nterpretation of such data often rather simplistic, as if these data alone
should decide: i.e. if Puye < 0.05, we ‘rejeetHy; if Puawe > 0.05, we
don't (or worse, we ‘aceept-H,,s). Avoid such simplistic ‘conclusions’.
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FICHE DE CATALOGUE

Title:

Concept:
Level:
Type:

Context:
Hook:

Materials:
Calculus/Math-stat

Length:

Specific hook:

A new twist on Fisher’s ‘lady tasting tea’

Probability & Distributions; Statistical Inference
Introductory

Concept illustration; Short discussion/prompt
Biology

Neat device/app/demo/story

Course Notes;
No
5-10 min

Elegant, adaptable intro to idea of null hypothesis



CATCH YOU WIN
=0 of 20 5 g 300.00 =
eaft 200 6.00
2 of 20 .. FREE PLAY
\__J1Y ) 3 of 20 .. FREE PLAY
= 4 .o 2P Ty 0-
Rollmg in Clover §% a0 e s
7 of 20 .. FREE PLAY
! O—S t N 6.00
O 9:0R 20" . s v 15.00
p 10:aft20 . Serirl 30.00
MARK 20 NUMBERS 126620 1 60000
18 DIFFERENT WAYS TO WIN § 13 of 20 3000.00
$3.00 Minimum Bet 14 of 20 7000.00
15 of 20 .... 13,000.00
16 of 20 .... 19,000.00
TICKET MAY BE PLAYED FOR 17 of 20 .... 30,000.00
ANY MULTIPLE OF $3.00 18 of 20 .... 40,000.00
19 of 20 .... 50,000.00
=20 of 20 .... 50,000.00=
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THE TEACHER'S CORNER

Transformations Made Transparently Easy,

or,
So That's What a Jacobian Is!

DONALD G. WATTS*
* Dept. of Mathematics, Queen's Univ., Jeffery Hall, Kingston,
Ont., Canada, The author has copyrighted this article in Canada,
The American Statistician, February 1978, Vol. 27, No. I
Summary Simple teaching aids are used to help students under-

stand and appreciate what & teansformation is and what o
Jacobian is. The teaching nids are effective and easy to make.
el Al R M

1, Introduction

One of the topies in introductory eourses in prob-
ability and statistics which is ofter badly received is
“4ransformations.” Often times the student 15 not con-
vinced of what he has been told, because no real trans-
formations are shown, and those which are shown are
in one dimension. The extension to more than one
dimension is often done, under the guise of generality,
with erude and sloppy amoeba-like sketches on the
board. This is unsatisfactory because the student can
not relate the sketeh to his experience, and because the
board is only two-dimensional. Where is the probability
density function, and how is it being affected?

This note describes three highly useful devices for
teaching transformations, all centered, quite naturally
and obviously, around an overhead transparency pro-
Jjector. We arc not concerned, here, about the reasons
for transformation, only the effeels of transformation.




Exemple 4: 1973

For the continuous case, we also need to produce a
sample space and probability. We can, of course, only
approximate the continuous case. The approach I have
used is to make a sandwich of lg-inch plastic sheets
separated by }ﬁ-imm, as shown in Plate 1.

The Ernbﬂbi]it; ig fine sand. "™ The transformation
SNOWN 18 - .

a) Showing ¥y = »*
amd jriz)

b) Tipping
from z into g

e) Tipping into
¥ from =
(rewersed
** The author is grateful to the University of Wisconsin Sta-
tistics Department for leaving one of their sand-filled ashtrays
unguarded.

PLATE I: THE TRAXSFORMATION SANDWICH
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Exemple 4: 2006

The PDF of a Function of a Random Variable: Teaching its
Structure by Transforming Formalism into Intuition

James A. HANLEY and Dana TELTSCH

In many instances, the probability density function (pdf) of a
function of a random variable is obtained from the pdf of the
random variable, the inverse function and the derivative of this
inverse. The formula tends to be memorized rather than fully

understood. This article describes how we teach the structure of
the new pdf by (a) treating the problem as a change in scale
rather than a “change in variable”; (b) appealing to the concept
of ‘conservation cfgrobablluues (c)using the physical analogy

from one set of “containers” to
mothcr, and (d) dealin 5 fully with linear transformations before
considering nonlinear ones.

KEY WORDS: Graphics; Physical representation; Probabil-
ity mass; Scales; Transformations.

1. INTRODUCTION

The increasing availability of digital tools is an opportunity
for teachers and authors to re-cxamine how statistical concepts
are best presented. We consider the topic found under the rubric
“transformation” or “change of variable.” The goal is to under-
stand the form of the probability density function (pdf) of a
function h (taken, for now, to be monotonic) of a continuous
random variable. The way the topic is presented today suggests
that no matter whether teachers or authors favor the traditional

e e D e N S

The American Statistician, February 2006, VoL 60, No, !

ously, around an overhead transparency projector” Sadly, none
of the textbooks we examined have taken up his ideas, and the
topic of transformations is often just as “badly received” today
as it was when Watts wrote.

We describe ways to make the structure of the pdf formula
more intuitive. A commonly used example is given in Section
3, and a practical example in Section 4, but we begin with two
simpler ones to show the concepts involved. We deal with the
bivariate situation in Section 5.

2, SIMPLE, LOCAL EXAMPLES WITH LINEAR
TRANSFORMATIONS

Suppose our focus is on day-lo-day variations in temperature
(T') in Montreal during a certain time of the year. Even though
the early temperatures in the series were originally measured in
d.egrees F, Canada switched to the metric system in 1975, and
now th ies of th series from the past 100 years are
reported in degrees C. For the sake of illustration, suppose that on
this Celsius scale, the distribution is well approximated by T ~
N|i = 5, = 4]. The pdf of this random variable is shown on
the left panel of Figure 1, using the temperature scale —5C to
+15C, shown in plain typeface, and with the corresponding pdf
scale shown on the left vertical axis, running from 0 to 0.1,

Those not familiar with the Celsius scale will wish to change
the temperatures to Fahrenheit, using the conversion

T = 32 + (9/5)Tc.
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The upper panel of Figure 3 shows that the same
applies to situations where the range of the new variable is differ-
ent from that of the original. One can also use the pair of panels
to show that one can carry out a sequence of transformations,

Jjust as children do when Elaxi.nﬁ with water.

New

After we had completed an earlier version of this note, in
which we had used the imagery of “pouring” probability mass
from one set of containers to another, a colleague pointed us to
the article by Watts (1973). His device for univariate transfor-
mations consisted of “a sandwich of 1/8-inch plastic sheets sep-
arated by 1/8-inch plastic rods. The probability was fine sand™
(taken from an unguarded sand-filled ashtray in the University

of Wisconsin Statistics D ). Asill d in Figure 4,
by tipping his device, he could “pour” probability distributions
from one scale to another.

pdfiCriginal] |

02

0.4 0.6
Original

73). Arbitrary original distribution, and transformation Mew = hOriginal] = Original . By tipping the
o flowar ight) s pourad ile the new probabilily distribution (on its side, uoper left).

08

1.
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Example 4: 2026

https://www.youtube.com/watch?v=VPQvRZ_jkQ0

chaine : https://www.youtube.com/@YouStatistics



https://www.youtube.com/watch?v=VPQvRZ_jkQ0%20
https://www.youtube.com/@YouStatistics
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Title:  Pouring probability mass: the pdf of a function of a random variable

Concept: Probability & Distributions ; Modeling & Relationships
Level: Introductory
Type: Concept illustration; Exercise

Context: Mathematical
Hook: Neat device/app/demo/story

Materials:  Course Notes (Math323); 1973 and 2006 teaching articles; animation
Calculus/Math-stat  Yes
Length:  5-10 min. (demo+discussion); 30 min. (summarize 1973/2006 articles)

Specific hook:  visual transformation; physical analogy; animation
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OU EN SOMMES-NOUS

» Une structure fonctionnelle pour décrire chaque
élément

 Une fagon de réduire une grande collection a 5-10
options exploitables

» Un prototype de recherche et d’utilisation

Mais plusieurs choix de conception restent encore a
faire :

+ Jusqu’ou standardiser le vocabulaire?
* Quels champs doivent étre fixes vs flexibles?
* Qu’est-ce qui est essentiel vs agréable a avoir ?

Si, ensemble, nous pouvions I'affiner sur une
collection, nous pourrions I’étendre a d’autres.

Si, ensemble, nous pouvions l'affiner sur une collection,
nous pourrions I’AGtendre aux autres
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INVITATION

+ Testez cette structure sur votre propre matériel
» Proposez de meilleurs termes
* Aidez a préciser I'essentiel

Une bonne couche de catalogue :
.

de nombreux supports pédagogiques
de qualité deviennent accessibles et

utilisables



Le MEILLEUR testeur de charge : PaS moi, VOUS!



Le MEILLEUR testeur de charge : paS MO, VOUS!
J’aimerais trouver du matériel pour...



Le MEILLEUR testeur de charge : pas moi, VOUS!
J’aimerais trouver du matériel pour...

Vos réponses aideront a vérifier si cette structure correspond a vos besoins
d’enseignement



MERCI



DES QUESTIONS?

DES COMMENTAIRES?

DES SUGGESTIONS?



